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Abstract. Present review is devoted to the application of the molecular dynamics (MD) method to
the investigation of the mechanisms of martensitic transformations in shape-memory alloys. It is
demonstrated that application of simple pair potentials in frames of two-dimensional modeling
can shed light on various processes occurring in nanocrystals undergoing martensitic phase
transitions. After a brief overview of the MD method and introduction of the two-dimensional
models based on the pairwise Lennard-Jones and Morse potentials, recent developments in the
study of the peculiarities of martensitic transformations (thermodynamics, kinetics, structure,
morphology, etc.) are discussed.

1. INTRODUCTION
Shape memory alloys (SMA) are materials that can
be plastically deformed and then regain their original
shape after heating. This excellent property is due
to the diffusiveless, thermoelastic martensitic
transformation (TMT) characterized by a collective
movement of atoms over distances that are typically
smaller than one nearest-neighbor spacing [1].
Martensitic transformations have numerous
technological applications such as enhancing the
alloy’s strength or the use of fascinating shapememory effect in the alloys like Nitinol for the design
of medical and engineering devices, etc. SMA can
combine shape memory effect and superelasticity,
corrosion resistance and biocompatibility, as well
as superior engineering properties. To date, TMT
was studied for different industrially important allows:
Ti-Ni [2], Ti-Ni-Cu systems [3,4], Ti-Ni-Hf [5], Ni-

Mn-Ti alloys [6], Ni-Mn-Ga systems [7,8] to name
a few. TMT can be induced by cooling or application
of the external stresses, thus it is very important to
study not only the SMA of different compositions
but also the effects of various external factors like,
for example, severe plastic deformation [9].
Despite a lot of works are devoted to the
investigation of the TMT kinetics, to the study of
rich microstructure of SMA and the effects of different
additions on the structural and physical properties,
still a lot of questions should be answered for better
understanding of the related phenomena.
Experimental methods very often encounter
difficulties in explaining the atomistic mechanisms
of TMT and the effect of intrinsic defects of the
structure, especially for ultra-fine-grained or
nanostructured materials. That is why several
simulation techniques were developed for the
investigation of TMT, for example, the phase field
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method, MD method, analytical models and others,
which are considered to be successful for studying
of TMT at various conditions. For example, the
phase field model can be used to investigate TMT
in thin film attached to a substrate [10]. In [11]
computer simulations are performed for a generic
cubic  tetragonal martensitic transformation in a
multilayer system consisting of alternating active
and inert layers. The phase field microelasticity
theory was used to formulate a three-dimensional
phase field model of a multivariant martensitic
transformation under external load. Also, to date,
martensitic transformation under strain was studied
by the other methods – finite element [12] or
continuum mechanics [13] in two- and threedimensional models.
Among the abovementioned methods, MD
simulations are performed at the atomic level and
they allow to conduct detailed study of the atomistic
mechanisms and peculiarities of the process. With
MD, there is no need for the implicit assumptions
about microscopic details and symmetry, which are
required in the continuum methods. MD simulations
allow to study the dynamics of various processes
at the atomistic level with the high accuracy in the
frames of the model described, with the parameter
control and with the help of well-organized
visualization instruments. Physical and mechanical
properties of the materials undergoing plastic
deformation and/or martensitic transformation
considerably depend on the rearrangement of the
atomic structure of the crystal lattice, on the
nucleation, transformation, movement of the defects
and fracture of the material under the effect of external
loading or temperature. To the date, numerous
studies of TMT have been done by MD simulations
[14-31]. Mechanisms of the crack propagation during
cyclic loading were studied in [14], where it was
shown that appearance of the shear bands,
vacancies and other defects took place during the
crack propagation. Dislocation movement in different
crystal lattices [15], effect of plastic deformation on
the Al crystal structure under shock-wave loading
[16], and simulation of plasticity and fracture of
nanocrystalline Cu were done with the help of MD
simulations in the frames of three-dimensional model.
Process of cooperation during plastic deformation
in nanocrystalline face-centered cubic (fcc) metal
was investigated in [17]. MD modeling gives a good
qualitative agreement with the corresponding
experimental results, for example, for
nanoindentation of the Fe (100) surface [18], for
investigation of plane shear for Cu-Nb surfaces with
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different orientations [20], and for heterogeneous
deformation of Pd [21]. MD simulations allow to
study the evolution of microstructure during cyclic
direct and reverse martensitic transformations [22].
The effect of surface on martensitic cubic-totetragonal transformation in Ni–Al alloy has been
studied in [23]. Vortices of trajectories of atoms were
found as a transient pattern in the numerical
experiment to study martensitic transformation in a
single crystal Fe nanoparticles [24].
In the present paper, two two-dimensional (2D)
models based on the Lennard-Jones (LJ) and Morse
potentials are described. The results obtained by
the authors and by other groups working in the field
of martensitic transformation simulations by MD are
presented.

2. PAIR POTENTIALS FOR
MARTENSITIC
TRANSFORMATIONS
Despite real crystals are three-dimensional (3D), due
to the limited ability of the computational methods,
many important properties of the materials can be
studied at the qualitative level in frames of 2D models
where atomic interactions are described by the
simple pair interatomic potentials (LJ or Morse)
[25,26]. LJ potential was used for the investigation
of the mechanisms of plastic deformation in
nanopolycrystals, including cooperative grain
boundary sliding, effect of loading type on the grain
refinement, studying of ultrasonic treatment of
severely deformed polycrystal [27-31]. It is wellknown, that pair single-well potentials like LJ and
Morse potentials for monoatomic crystals cannot
reproduce stable phase besides close-packed
phase. In the two-dimensional case, only triangle
lattice is stable. However, consideration of ordered
alloys allows to achieve stability of other structures
with the use of pairwise potentials. Morse and LJ
crystals are known to exhibit martensite/austenite
transformations [22,32-34]. The other example of
the application of LJ potential is the investigation of
lattice instabilities and theoretical strength of 2D
solids with surfaces [35,36]. Morse potential was
successfully applied to the investigation of the
vacancy structure, stacking-fault defects, twins [3739], discrete breathers [40,41], etc. Two-dimensional
models can be easily visualized allowing the study
of structural transformations in relatively big crystals
in details. In two dimensions it is possible to save
computer resources to consider longer simulation
runs, to study deformation at smaller strain rate and
for larger number of grains, than in 3D models.
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Fig. 1. (a) Two-dimensional crystal (1) with the examples of defects: vacancy (2), inclusion (3), and dislocation
(4). (b) Profile of a typical pair interatomic potential.

Fig. 2. Schematic of the austenite-martensite transformation. Reprinted with permission from [33].

Two-dimensional triangular lattice generated by
the vectors p0 = a(1,0) and q0 = a(1/2, 3 /2), (a is
the interatomic distance) is considered (see Fig.
1a). This lattice corresponds to the (111) plane of
fcc lattice. In 2D crystal, a wide variety of defect
structures can be found, for example, vacancy (2 in
Fig. 1a), second-phase particle (3 in Fig. 1a) or
dislocation (4 in Fig. 1a). Appearance of these
defects depends on the process simulated, initial
conditions, internal and external conditions to name
a few. Thus, it can be concluded that MD is a
powerful tool for the investigation of microstructure
transformation of polycrystals. In Fig. 1b a typical
example of pair potential is shown.
For simulation of TMT, biatomic ordered alloy
with two atoms in the primitive translational cell is
considered. The schematic of TMT is shown in Fig.
2: austenite phase has the square primitive cell with
the lattice parameter a, and two sorts of atoms
shown by dark and light gray. The three dimensional
analog to this phase is the B2 superstructure based
on bcc lattice, which is characteristic for the NiTi
intermetallic alloy. Low-symmetry martensitic phase
can be obtained from austenite by shear.
In MD simulations, the trajectories of N atoms
located in the computational cell are described by

the Newtonian equations of motions, while
interactions between atoms are described by the
interatomic potentials. Previously, both pair and
many-body interatomic potentials were used for the
investigation of TMT [22,32-34,42-44]. These works
have shown that austenite-martensite phase
transitions can be simulated successfully by the
use of the MD method, if suitably constructed
potential functions are used. In the present work,
two models with the pair interatomic potentials are
considered for the investigation of TMT.

2.1. Lennard-Jones potential
The classical 6-12 LJ potential has the form

  KL 12  KL 6 
LJ  4 KL  
 
 ,
 r   r  

(1)

where r is the distance between considered pair of
atoms, K,L = {A,B} - two types of atoms, KL and KL
are the potential parameters (KL determines the
position of the potential well and KL provides the
depth of the potential well, i.e. the binding energy).
All the parameters are chosen in accordance with
the goal of the investigation. In a model where two
types of atoms are considered three potential
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Fig. 3. Parameter space. Reprinted with permission
from [22].

functions are needed to model interactions between
A–A, B–B and A–B bonds, hence there are six
interaction parameters (AA, AA), (BB, BB) and (AB,
AB). A–A and B–B potentials model bonds between
the pure species while the A–B potential defines
the cross-species interaction. The balance between
pure- and cross-species potentials determines the
stability of crystal structure.
Potential parameters chosen for the investigation
of the martensitic transformation in the model
proposed by Kastner et al. [22,33,34] are nondimensional quantities and equal to 0 = 10-10 m,
0 = 2.510-19 J and 0 = 5810-27 kg, the latter is the
mass of atoms A and B. The interaction parameters
are AA=1.2e0, BB = 0.61e0, AA = BB = 2-1/6s0 [22].
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The choice of the potential for the mixed interaction
is defined by the data shown in Fig. 3. With the
help of this simple model not only microstructural
evolution can be investigated but also the perfect
lattice and its parameters can be analyzed.
It should be noted, that special 4-8 LJ potential
was also developed to describe the interatomic
interactions for binary B2 alloys and for investigation
of the martensitic transformation [46,47]. To model
a specific material, the values of parameters of the
potential are set according to the experimental data
on molar volumes, cohesive energy and heat of
formation of different phases in the alloy.
For any model, at first, the parameter space
should be analyzed. The whole parameter space
reveals a region in which both phases are
mechanically stable for this model (see Fig. 3). More
details on the potential used are presented in [33,34].
In Fig. 4, results by Kastner and co-authors are
presented [22]. From the comparison of images
obtained in the experiment and simulation, it can
be seen that simulation model gives quite realistic
results. The model exhibits variant diversity, as
anticipated by the crystallographic theory, and
produces a rich transformation morphology, as
observed in real materials.
Martensitic transformation (MT) induced by
cooling and simulated by LJ potentials is shown in
Fig. 5. Upon cooling towards the transition
temperature, the austenitic lattice shears slightly
prior to MT, so as to form metastable pre-martensitic

Fig. 4. Image obtained by the high resolution tunneling electron microscopy (a,c) and simulation with the LJ
potential (b,d). (a,b) Martensite morphology and (c,d) growth of austenite-martensite boundary. Reprinted
with permission from [22].
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Fig. 5. MT simulated with LJ potential. (a)–(c) Time resolved snapshots of the transformation process of the
whole sample. (d) Magnified area I shows the tip of the growing martensite plate. (e) Magnified area II shows
the nucleation of secondary plates. Reprinted with permission from [45].

phases, color coded in orange and pink. At the
critical transition temperature MT nucleates
independently at two distinct sites at the surface.
Each martensite plate consists of compatible twin
variants which are characterized by alternating shear
directions of unit cells but identical shuffle directions
of sub-lattices, forming a typical ‘‘herringbone
pattern’’ [45]. Thus it can be seen that presented
model can successfully reproduce the MT in a
binary crystals. Moreover, presented methodology

was used for investigation of cyclic MT [22].
Appearance of the defects identified as the 2D
vacancies decaying gradually after several cycles
was shown. The defects act as the nucleation
sources for the transition [44].
Stress-induced MT was also studied with the help
of pair LJ potential in the crystal representing 3D
NiTi [47]. Softening of the elastic constants is shown
to be common for both temperature and stressinduced MT. For stress-induced MT, the critical
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Fig. 6. Different phases supported by the 2D Morse diatomic crystal.

stress to induce the transformation increases with
increasing temperature and obey Clausius–
Clapeyron relationship; at a given temperature,
elastic constants decrease with the applied stress
approaching the critical stress.

2.2. Morse potential
Morse potential for binary crystal has the form



M ( r )  DKL e

2  KL  r  RKL 

 2e

  KL  r  RKL 

,

(2)

where K,L={A,B} - two types of atoms, r is distance
between two atoms. Equation (2) has three
parameters which allow, for a pure material, to
reproduce exactly the three physical quantities:
interatomic distance, R, binding energy, D, and bond
rigidity, . With increasing , potential becomes
more short-range and at  = 5 it is sufficient to take
into account only three first coordination spheres.
MT is the transformation of the high-temperature
phase into low-temperature phase with lower
symmetry, which takes place on cooling below the
critical point. To model the phase transformation with
the help of the Morse potential diatomic ordered alloy
with the AB stoichiometry is considered. In this
case, for the description of the interatomic
interactions it is required to find the parameters of
the three potential functions for A-A, B-B and A-B
bonds. As it would be shown further, for the present

study the most suitable parameters are DAA =
DBB = 1, DAB = 2, AA = BB = AB = 5, RAA = RBB = 1 with
the changeable RAB. Atomic mass of the atoms of
both sorts is assumed to be equal to 1.
It should be noted, that the binding energy were
chosen such as the ordered state of the alloy is
preferable. Indeed, the ordering energy is E = DAA +
DBB - 2DAB = -2 and the negative value means that at
low temperatures the ordered state would be
preferable.
As shown in Fig. 6, two martensite phases, M1
(left part) and M2 (right part), can be obtained in this
model. Austenite phase (middle part) has square
primitive cell with the lattice parameter a, and two
atoms of different spices. Interatomic distance is
equal to a/ 2 . Martensitic phase M1 can be obtained
from austenite by the shear of close-packed atomic
rows alternatively with the following relaxation.
Tetragonal primitive cell of M1 contains four atoms
and has the lattice parameters a1, b1. Martensitic
phase M2 can be obtained from austenite by the
shear of close-packed atomic rows by the value
multiple to a/(2 2 ) with the following relaxation.
Tetragonal primitive cell of M2 contains two atoms
and has the lattice parameters a 2/2, b 2. The
translational cell with the parameters a2, b2, contains
two primitive cells and, correspondingly, four atoms.
The analysis of the model parameters with the Morse
potential is presented in [32].
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Fig. 7. Phase distribution for different values of kinetic energy K, which is the measure of temperature:
austenite (A), martensite (M1) and domain boundaries (D). Areas with the undefined structure are shown by
grey color.

Fig. 8. Dependence of phase composition on kinetic energy K for (a) forward and (b) reverse transformation.
Reprinted with permission from [32].

An example of the MT simulated with the help of
Morse potential is shown in Fig. 7. In (a-c), the initial
phase is M1 and with the temperature increase the
fraction of austenite grows. In (d-f), the initial phase
is austenite which transforms to the M1 during
cooling. It should be noted, that only one type of
martensite, M1, is observed, while no M2 is found
(Fig. 7a) despite the formation energy of both phases
is almost same. This can be explained by the

appearance of high elastic stresses in case of
formation of M2. Since M1 can be formed by the
shift in two opposite directions, there are two types
of domains in the structure. The areas with the
differently oriented domains are separated by the
domain boundaries with undefined structure.
Temperature in the system is characterized by
the kinetic energy per atom, K. From Fig. 8, the
starting and finishing temperatures of the martensitic
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One important difference between the cases is the
appearance of domain structure in the two first cases
while for the shear components no domains were
found and martensitic plates are unidirectional.

3. CONCLUSIONS

Fig. 9. Volume fraction of phases as the function of
time for (a) zero external stresses, (b) stress xx>0,
yy=0, xy=0 and (c) xy>0, xx=0, yy=0.

transformation can be found. It is seen, that the
starting (finishing) temperature of the reverse
transformation under heating is K=0.2 (K=0.3), while
the starting (finishing) temperature of the direct
transformation is K=0.19 (K=0.14).
It was previously shown that external stresses
(strain) can considerably affect the kinetics of TMT
and morphology of the structure. In Fig. 9 phase
composition for different loading conditions is shown
as the function of time. As it can be seen from Fig.
9, tension along x direction is the most effective
way to control the phase composition during MT.
For the first considered case (zero external
stresses), austenite very quickly transforms to the
martensite M1, which then partially transforms to
the martensite M2. All the structural transformations
finish until 50 time units with the resulting compound
of 80% martensite M1 and 20% martensite M2. For
the second case (xx > 0, yy = 0, xy = 0), qualitatively
different situation took place: at first, austenite
quickly transforms to martensite M1, but further
simulation leads to the untwining of the martensite
M1 and its transformation to martensite M2 (this
process took 230 time units). The third case (xy >
0, xx = 0, yy = 0) is similar to the first case with the
quick transformation of the austenite to martensite
M1 followed by partial transformation of M1 to M2
with the final composition of 83% M1 and 17% M2.

It can be concluded that presented MD models of
2D crystals with simple interatomic potentials can
be successfully used for the investigation of TMT in
binary ordered alloys. In spite of the simplicity of
the models they can qualitatively reproduce all major
effects experimentally observed in 3D crystals
undergoing TMT (see Fig. 4). Increasing the
complexity of the interatomic potentials and
dimensionality of the system would give more
realistic results, but it would also greatly increase
the requirements for the computational resources.
Therefore, it is desirable to test the simplest
reasonable model first and only incorporate more
complex features where necessary.
The potential of the simple models considered
here is not completely used. They can be applied
to investigate the effect of various defects, for
example dislocations and grain boundaries, on the
martensitic transformation characteristics.
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